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Abstract
In this addendum we make the constants in Theorem 3.1 explicit.

Throughout this addendum, the assumptions and notation of Theorem 3.1
in Bender and Steiner, A-posteriori estimates for backward SDEs, are in force
without further notice. This reference will be abbreviated by [BS] from now on.
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By Proposition 2.2 in El Karoui (1997) with 8 = (K + 1)? we get
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The following lemma is a variant of Lemma 3.3 in [BS] with explicit con-
stants.
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and C1 is the constant of Theorem 2.1 in [BS].
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Proof. The proof is similar to Theorem 3.1 in Bouchard and Touzi (2004). We
first define the process Y™ on [t;,t;41),4=0,...,N — 1, by
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with Y7 = ¢™. Then, Y;™ = Y/ for t; € m by (3.3) in [BS]. Moreover, thanks to

(3.5) in [BY], the pairs (Y, Z) and (Y, Z) solve on t € [t;,t;11) the following
differential equations
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Hence,
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In particular, for |r| < min{1,1/(2v)},

B[y, - v[’]

2 K 1 tit1 | 2
< (1+oz7TAi){E[Yti+1 -Y7, } + jCA +F (/t ZTdW Zngwi) ]
1 tit1 9
+E E|:|f(87}/87Z3)_fﬂ'(tiy)/svzsﬂ ]ds}

Thanks to the discrete Gronwall lemma we get for |7| < min{%, 1}

By, -y < exp{aﬂT}{E lle =€)

= 1 N- ti1 . 2
Z T Z (/ Z3dWs — Z[ AW,
j=i =i
1 N2 ptina .
TiK /t [If(t,l’;,zt)ffw(tj,}q,zt)\ }dt .3
j=i 't
Next we sum (2) up from ¢ =0 to N — 1 and obtain
N=1 rtigs .
Z/ 8[|z - 27|] at
i=0 Jti
N ~
< 2(1—|—I8ﬂ.|ﬂ'){ |:|§ §7r :|+7y| ZC
=0
1 N1 [ZES 2
12 E / Z7dW, — Z7 AW,
4 j=0 tj
N-1 .,
1 i+l
T AR ARS R AT dt}
j=0 tv
#2130+ ) e [, i @

By (3), (4), Young’s incquality and It6’s isometry,
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The assertion now follows by Lemma 0.1 above (taking the definition of C; into
account) and (3.6) in [BS].
O

We finally present a version of Theorem 3.1 in [BS] in terms of the explicit
constants defined in Lemma 0.2 above.

Theorem 0.3. Suppose (H) and (HY ) and that G; = F; V o(Z), where = is in-
dependent of Fr. Then, for every pair of S, -adapted square integrable processes
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Proof. We follow the lines of the proof of Theorem 3.1 in [BS]. Inserting the
result of Lemma 0.2 instead of Lemma 3.3 in [BS], eq. (3.7) in [BS] becomes

N-1 tita
E {Y__f/??} B 7, — 27 |2dt
max By |[Vi, = V?| + > Fo 5 2, — Z7 |

=

< 2dy + DCER(YT™, Z7) + Ky || <2d2E [|g|2] +2d3E

T
/ f(r,O,O)IQdTD
0
N-1 ;4
+24,E (|6 - €] + 245 Y / B[If(t, Y Z0) = £, Y2 20 dt. - (5)
i=0 Jti

The third inequality follows by setting K, = 0.
In order to complete the proof of the first inequality we estimate
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Combining this ineqaulity with (5), we obtain the first inequality after applying
Lemma 0.1.
The second and fourth inequality are shown in the proof of Theorem 3.1 in
[BS].
O
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